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Abstract

SENSING DYNAMICS OF THE ZONE TYPE MULTI-LEVEL SYSTEM IN A LASER FIELD:
STOCHASTIZATION OF VIBRATIONAL MOTION FOR MOLECULES IN THE MULTI-

PHOTON PHOTOEXCITATION REGIME

A. V. Loboda, I. M. Shpinareva, V. N. Polischuk, V. I. Gura

We present new theoretical scheme to sensing dynamics of the zone type multi-level system in
a laser field, based on the quantum stochastic kinetic approach. The multi-photon dissociation
yield, selectivity and absorbed energy upon the laser pulse energy density for BCl

3
 molecules in

the oxygen O
2
 buffer gas are calculated. It has been studied a stochastization of vibrational mo-

tion for molecules in the multi-photon photo-excitation regime on example of CF
3
I, SF

6
and BCl

3

molecules within the stochastic Focker-Plank model.
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Анотація

ДЕТЕКТУВАННЯ ДИНАМІКИ БАГАТОРІВНЕВИХ СИСТЕМ ЗОННОГО ТИПУ  У ПОЛІ
ЛАЗЕРНОГО ВИПРОМІНЮВАННЯ: СТОХАСТИЗАЦІЯ КОЛИВАЛЬНОГО РУХУ

У МОЛЕКУЛАХ В УМОВАХ БАГАТОФОТОННОГО ЗБУДЖЕННЯ

А. В. Лобода , І. М. Шпінарева, В. М. Поліщук, В. І. Гура

Запропоновано нову теоретичну схему детектування динаміки багаторівневих систем
зонного типу у полі лазерного випромінювання, яка базується на квантовому, стохастич-
ному, кінетичному підході. Виконано розрахунок залежності виходу та селективності ба-
гатофотонної дисоціації, поглиненої енергії від густини енергії лазерного імпульсу для
молекул BCl

3
 у буферному газі O

2
. Вивчено стохастизацію коливального руху у молекулах

в умовах багатофотонного збудження для молекул CF
3
I, SF

6
, BCl

3 
з використанням стоха-

стичної моделі Фоккера-Планка.

Ключові слова: детектування, молекула у лазерному полі, коливальна стохастизація,
кінетичне моделювання.
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1. Introduction

A significant progress in development of laser
technique stimulated a great interest to carrying out
new non-linear optical, laser devices for solving a
wide number of tasks in different applications
(atomic, molecular chemical physics, quantum elec-
tronics, physics of elements, devices, sensor tech-
nologies etc.). Above cited problems it is of a great
importance a studying of dynamics of the zone type
multi-level systems in a laser field. Speech is about
dynamics of the multi-atomic molecules in a strong
laser field. A variety of multi-photon processes have
been observed in molecules, including multi-photon
excitation, ionization, dissociation (c. f. [1-9]). It is
very important to note that using lasers allows high-
ly selective introducing the energy quantities into
definite freedom degrees of system. It can be used as
physical basis for creation and construction of spe-
cial devices for sensing physical, chemical proper-
ties of the molecular systems and can find applica-
tion in solving problems of the nano-electronics,
nano-atomic optics, quantum computing, molecular
sensors technologies etc.

While the dynamical aspects of ionization of
molecules in a strong laser field are considered to be
well understood at least within quantitative simpli-
fied models, the multi-photon dissociation and exci-
tation is a topic of active interest [1-3,10-15]. Many
experiments of studying the multi-photon processes
were fulfilled in the conditions, when the collisional
factor may be missed. A separation of the contribu-
tions of different relaxation processes in the experi-
ment is complicated problem, though a hierarchy of
relaxation times (t

R
<<t

V-V
<<t

V-T
) exists. An influence

of buffer gas on the processes of multi-photon exci-

tation and dissociation results in more effective mol-
ecule involvement into quasicontinuum due to the
rotational relaxation at lowest levels [2,3,10-12].
A question about stochastization of vibrational mo-
tion, when the vibrational energy is randomly dis-
tributed among the vibrational modes during inter-
action with laser pulse attracts especial attention.

In a number of papers (c. f. [13-19]) a stochastic,
kinetic approach has been developed is used to cal-
culate the integral parameters of the multi-photon
excitation (dissociation) and relaxation of number of
the molecules (CF

3
Br, CF

3
I, SF

6
 etc). A process of

excitation into continuum is described within the
generalized kinetic equation model with account for
stochastization of the vibrational motion. There have
been calculated the dissociation yield and absorbed
energy, dependence of the absorbed energy ε and
dissociation yield β upon summarized pressure of
the buffer gases. In this paper we present new theo-
retical scheme to sensing dynamics of the zone type
multi-level system in a laser field, which is based on
the quantum stochastic kinetic approach, developed
in refs. [13,14]. Dependencies of the multi-photon
dissociation yield, selectivity coefficient and ab-
sorbed energy upon the laser pulse energy density
for BCl

3
 molecules in the oxygen O

2
 buffer gas are

calculated. It has been studied a phenomenon of sto-
chastization of the vibrational motion for molecules
in the multi-photon photo-excitation regime on ex-
ample of the CF

3
I, SF

6
and BCl

3
 molecules with using

the non-linear inter-mode resonances interaction
model and stochastic Focker-Plank equation. There
are presented the theoretical estimates of the energy
threshold, for which the vibrational energy can be
randomly distributed among the vibrational modes
during the interaction with the laser pulse.

Аннотация

ДЕТЕКТИРОВАНИЕ ДИНАМИКИ МНОГОУРОВНЕВЫХ СИСТЕМ ЗОННОГО ТИПА
В ПОЛЕ ЛАЗЕРНОГО ИЗЛУЧЕНИЯ: СТОХАСТИЗАЦИЯ КОЛЕБАТЕЛЬНОГО ДВИЖЕНИЯ

В МОЛЕКУЛАХ В УСЛОВИЯХ МНОГОФОТОННОГО ВОЗБУЖДЕНИЯ

Лобода А. В., Шпинарева И. М., Полищук В. Н., Гура В. И.

Предложен новый теоретический подход к детектированию динамики многоуровневых
систем зонного типа в поле лазерного излучения, базирующийся на квантовом, стохасти-
ческом кинетическом подходе. Выполнен расчет зависимости выхода и селективности
мульти-фотонной диссоциации, поглощенной энергии от плотности энергии лазерного
импульса для молекул BCl

3
 в буферном газе O

2
. Изучена стохастизация колебательного

движения в молекулах у условиях многофотонного возбуждения для молекул CF
3
I, SF

6
,

BCl
3 
с использованием стохастической модели Фоккера-Планка.

Ключевые слова: детектирование, молекула в поле лазерного излучения, колебатель-
ная стохастизация, кинетическое моделирование.
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2. Multi-photon excitation model for molecule
in a laser field

We start our consideration from the kinetic equa-
tions, describing the temporal behaviour of occupan-
cy of the vibrational levels for molecule in a laser
field. Bur before, let us give some model representa-
tions regarding general Hamilton’s description of
stochastic features in the multi-photon excitation
process for molecules. From theoretical point of
view an effect of vibrational stochastization is relat-
ed to very complex phenomena. Hitherto, there is
absent an adequate theoretical explanation and cor-
responding comprehensive model (c. f. [2-
6,11,13,20]. However, generally speaking, it is far
obvious that this effect is provided by the non-linear
inter-mode resonance interaction. In approximation
of small vibrations a Hamiltonian of molecule can
be written as [6]:

( ) ( ) (int) ( )l nl e nl
i i i i

i i i

H H E c x H H H −= + + + +∑ ∑ ∑ (1)

where ( ) 2 2 2( ) / 2l
i i i iH x xω= +  is an energy of separat-

ed modes in linear approximation; x are the normal-
ized shifts of atoms from the non-perturbed position;
second term is corresponding to the linear dipole in-
teraction with a field; the term ( ) 3 4 ...nl

i i iH ax bx= = +
defines a non-linearity of modes and their interac-
tion term H(int) is as follows:

1 2 3 1 2 3

(int) 3 ...i i i i i i
i

H A x x x= +∑
Non-linear corrections to interaction with a field

are defined as:

1 2 1 2

( ) 2( ...)e nl
i i i i

i

H E a x x− = +∑
The interaction between modes leads to their

washing out, which is equivalent to broadening by
external field. The estimated value of this effect is
(for resonance ω

1
=ω

2
+ω

3
):

1/ 3 3 2 / 3
1 1/ 123 1 2 3~ ( ) ( )A x x x nω ω∆ (2)

where n  is an averaged number of quanta in the
modes 2 and 3. It is clear that with growth of the
molecule excitation degree (growth n ) it is in-
creased a non-linear broadening. For definite value
of n  ∆ω

1
 is comparable with frequency distance ∆

0

to another resonance of the same order, i. e.
ω

1
=ω

2
+ω

4
. It is easily understand that ∆

0
~ω

0
/N

f
2,

where ω
0 

is the characteristic value of frequaency
and N

f
 is number of frequencies of the system. Under

overlapping resonances (∆ω>>∆
0
) motion of each

mode is defined at once by many resonant terms of
the hamiltonian. In whole, a motion becomes by
quasi random or stochastic. This is equivalent to the
well-known Chirikov criterion [20] of the stochas-
ticity:

1/ 2 (3) (3) 3 2 3
0 0( / ') ( / | |)(1/ ) ~ 10 /f fn A x N Nω ω ω≥ (3)

Let us further to introduce a hamiltonian (in vari-
ables “action I-angle θ”)of influence on the mode 1
from the side of other modes as a sum of resonant
contributions, which are lying inside non-linear
width ∆ω

1:

1/ 2int
1 1 1cos( )n n

n

H I F θ θ= −∑ (4)

Condition of periodicity on θ results in the quan-
tization of action and energy, i. e. I

n
=nh and

E
n
=H

0
(nh). It should be mentioned that resonances

are arisen for such values of the action that it is right:

kω(I
0
)=lΩ, ω(I)=dH

0
/dI

for whole numbers k,l. The interaction (4) chang-
es quasi-energy of the mode 1as follows:

1/ 2
1 1 1

1/ 2
1 1

/ [ ( )]

sin( ) ( / 2 ) sinn n n n
n n

dE dt I I

F ex E F

ω
θ θ θ

= Ω − ×

× − −∑ ∑ (5)

The first term in eq. (5) describes the inter mode
relaxation; second term –the interaction with an ex-
ternal field. One could suppose that the phases θ

n
 are

random. Then one has that <∆E
1
>=0 and

<(∆E
1
)2>=∆(E)t (t is a time). It is obvious that a

process of the energy acceptance is not regular. It
has a character of the diffusion with coefficient ∆(E)
(see below). Its calculation gives the following re-
sult:

2
1( ) ( / 4 )( ) ( )D E ex E Jπ= Ω

J(Ω)=|F(Ω)|2/∆
0

Here a variable J(Ω) has an essence of spectral
intensity of the perturbation H

1
(int) on the field fre-

quency. In ref. [6,20] it had been indicated on the
possibility of describing a process of the multi-pho-
ton excitation of molecule by the Focker-Plank
equation. At first the correct Focker-Plank approach
has been proposed and realized in ref. [13-14].

As it is indicated, usually the vibrational spec-
trum is qualitatively divided into parts of the low-
lying discrete states and high-excited levels of the
quasicontinuum [2,3]. At the definite energy thresh-
old the vibrational energy can be randomly distribut-
ed among the vibrational modes during the interac-
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tion with the laser pulse. The excitation process into
continuum is described by system of the kinetic
equations [13-15]:

/nZ t∂ ∂ t=(W
n-1,n

+k
 
VT

n-1,n
p)Z

n-1 
+

+(W
n+1,n

+k
 
VT

n+1,n
p)Z

n+1
 — (W

n-1,n
+

+k
 
VT

n,n-1
pW

n+1,n
+k

 
VT

n,n+1
p)Z

n
-d

n
Z

n. 
+

+ / n∂ ∂  
[Q(n-N

min
)D(R)n3

 /Z n∂ ∂ ] (6)

where z
n
 are the populations of the laser-excited

states with energy E
n
; W

n,n
±

1
 is the rate of the radia-

tive transitions; W
n,n

±
1
 =σ

n
,
n±1

I(t), where s
n
,
n±1

 are
the cross-sections of the radiative transitions up
and down, I(t) is the laser radiation intensity
(photon×cm-2×s-1); kVT

n,n±1
 are the constants of rate

of the V-T relaxation; d
n
 is the mono-molecular de-

cay rate; Q(n-N
min

) is the Heaviside function as an
additional multiplier in the diffusion coefficient
D(R)n3, which “freezes” the stochastic processes in
the area of the low-lying states according to the
well known Chirikov’s criterion [10]. The key dif-
ference between our model and other theoretical
models is in an explicit accounting for effect of sto-
chastic diffusion into quasi-continuum. The con-
stants of relaxation rate kVT

n,n-±1
 are defined by the

physical parameters of molecule. According to ref.
[2,13] the collisional redistribution of populations
is determined by the probability function of transi-
tion due to the collision k (E→E’). The physically
significant variable is an energy, transmitted dur-
ing collision:

0

( ) ( ) ( )E E dE E E k E E
∞

′ ′ ′∆ = − →∫ (7)

The similar parameter in eqs. (6) is defined as
follows:

∆E
n
=(k

 
VT

n,n-1-
k

 
VT

n,n+1
)hv/Z (8)

Here Z is a frequency of the gas-kinetic colli-
sions. The condition ∆E(E

n
)=∆E

n
 determines the re-

lationship between phenomenological relaxation
constants in eqs. (1) and microscopical variable
∆E(E). To describe an influence of the collisions on
excitation of the molecule at the lowest discrete lev-
els, we suppose that q-factor in the uncollisional
case is created due to the heterogeneity of interac-
tion of the different initially populated states with a
field. System of the low levels is characterized by
two rates: the radiative rate of excitation of the states
W

0
 and rate of the rotational relaxation k

Rp
, which is

proportional to the pressure. The equations defining
the molecule involvement into quasicontinuum dur-
ing the laser pulse are as follows:

dN
0
/dt=–W

0
z

0
,

dz
0
/dt=–W

0
z

0
+k

Vp
 (fN

0
–z

0
, (9)

dq/dt=–dN
0
/dt, N

0
(0)=l, z

0
(0)=f,

Here f is the part of molecules interacting reso-
nantly with a laser field. The shape of laser pulse is
modelled in accordance to the experiment [10,12].
Regarding a dependence W

o
(t) in eqs. (4) on the laser

field intensity I(t), it can be noted that the assump-
tion W(t)~I(t) is quite acceptable for the quasicontin-
uum. For low levels it is more acceptable the as-
sumption on more strong dependence of W(t). To
calculate the dissociation yield we use the assump-
tion that the molecule decay has to be instantaneous
from the level, at which the mono-molecular frag-
mentation rate exceeds the radiative transition rate
on the order. Estimate within the RRK-theory allows
to write [2]): D

n
=k

diss
ρ(E

n
–D)ρ(E

n
),where ρ is the

density of vibrational states. Regarding a depend-
ence DE(E) in the quasicontinuum it can be noted
that a precise data for molecule CF

3
Br are absent.

The estimate can be received by comparison of the
data on deactivation of the molecules by the nitrogen
(see ref. [2]).

3. Results and discussion

Figure 1 shows the calculated dependence of the
dissociation yield 10β and selectivity α on density of
energy for the first Φ

1 
(the solid line) and second Φ

2

(the dashes line) laser pulse for BCl
3
 molecules. The

experimental data (triangles and cycles in figure 1)
are taken from ref. [12]. All parameters are corre-
sponding to experiment [12]: acceptor — O

2
, pres-

sure p
O2

=4,5 Torr, p
BCl3

=0,1 Torr; first laser pulse:
Φ

1
=3,7 J/cm2, frequency Ω

1
=985,49 cm-1 (line

10R36); second laser pulse: Φ
2
=3,0 J/cm2, frequency

Ω
1
=931,00 cm-1 (line 10P34). Theoretical stochastic,

kinetic model gives physically reasonable agree-
ment with experiment. As it was waited for, the dis-
sociation yield dependence upon the laser pulse en-
ergy density has the degree character. Analysis has
shown that for 10BCl

2
 molecules this is quadratic de-

pendence and for 11BCl
2
 molecules — linear one.

Such a difference provides unusual behaviour of the
multi-photon dissociation selectivity, which has a
linear growth with increase of Φ

1
 and Φ going from

3 J/cm2 to 4 J/cm2.
This important fact has been at first noticed in

ref. [12]. Further let us present on figure 2 the calcu-
lated [17,18] dependence of the excited molecule
part q (above) and their averaged energy ε

q
 (down)
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Fig 1. Calculated dependence of the dissociation yield
10b and selectivity α on density of energy for the first F

1
(the solid line) and second F

2
 (the dashes line) laser

pulse and experimental data (triangles and cycles) [12]
for BCl

3
 molecules (see text).

upon density of energy of the CO2 laser pulse for
molecules CF

3
I and SF

6
: the solid lines — calcula-

tion data [17,18]; experiment -• — and o- data
[2,3,10]. An analysis of the obtained data shows that
an agreement between the theory and experiment is
physically reasonable. An account of the stochasti-
zation effect leads to more correct description of the
excitation dynamics in the quasicontinuum and al-
lows to obtain the better quantitative agreement with
experiment in comparison with other theoretical
models (c. f. [2,3]. The value of the factor q allows
defining a true level of excitation of the molecules.
The characteristic feature of the ε

q
 (Φ) dependence

(c. f. fig. 2) is a slow initial growth of level of the
excitation of molecules. Presented data allow to un-
derstand how it is realized he process of the multi-
photon excitation. Usually observed growth for de-
pendence ε

q
 (Φ) is determined by increasing number

of excited molecules. Under large values of Φ
(Φ>0,3-0,5 J/cm2) a growth of the absorption is con-
nected with growth of level of the excitation, as the
value of q changes here very slowly. During the
process of multi-photon excitation two ensembles of
excited and non-excited molecules are forming. As
under collisions an averaged energy of excited mole-
cules can decrease so, that it will become an essen-
tial the quantum character of thermo-capacity of the
vibrational degrees of freedom. In whole, during
multi-photon excitation there are formed states,
which are corresponding to statistically equal distri-

bution of the absorbed energy by all, or more cor-
rectly, by majority of vibrations of the molecules.
Stochastic feature of vibrational motion is arisen
during process of interaction with the IR laser radia-
tion field because of the non-linear inter-mode reso-
nance interaction. In figure 3 there are presented the
schemes of disposition of the inter-mode resonances
for CF

3
I, SF

6
and BCl

3
 molecules. Let us give the the-

oretical estimates of the stochastization threshold.
Minimal density of energy of the CO

2
 laser pulse

was 0,06J/cm2 [2]. From known values of q and
ε

q
 (Φ) one can find an average absorbed energy.

With account for the initial average vibrational ener-
gy (temperature 293 K) we got the following esti-
mates for stochastization threshold energy
E

b
=3970cm-1 that is in agreement with experiment

[2,3,10,12]: E
b
≈(3900±500) cm-1 for SF

6
,.

Fig. 2. The dependence of the excited molecule part q
(above) and their averaged energy e

q
 (down)  on densi-

ty of energy of the CO
2
 laser pulse: continuous lines —

our calculation data [17,18]; experiment -•, o- data
[2,3,10];

Other our estimates are as follows: E
b
=3500cm-1

for BCl
3
 and E

b
=5650cm-1 for CF

3
Br.

So, we presented new theoretical scheme to sens-
ing dynamics of the molecules in a laser field and
studied a stochastization of molecules vibrational
motion in the multi-photon photo-excitation regime
on example of CF

3
I, SF

6
, BCl

3
 molecules within the

Focker-Plank model. Surely, these phenomena tak-
ing into account for possibility of the highly selec-
tive laser introducing the energy quantities into defi-
nite freedom degrees, can be used as physical basis
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for creation and construction of sensors for physical-
ly-chemical properties of the molecular systems and
devices.

Fig. 3. Schemes of disposition of inter-mode resonanc-
es for CF

3
I,SF

6
,BCl

3
 molecules [6,13]
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